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Chapter 8

Dynamic Study of 2-D Bubbling

Gas-Solid Fluidized Bed

In this Chapter1 , finite element simulations of bubbling gas-solid fluidized beds were

performed using the two-fluid granular temperature model. A study was carried out to

establish the number of equations necessary to describe the dynamics of this fluidized

bed. In order to investigate the bubbles’ behavior and shape, several simulations were

performed using differing numerical resolution. The main purpose of these investiga-

tions is to analyze, through numerical simulation, the dynamics of fluidized beds and to

show how the application of deterministic chaos theory may be used to obtain the real

dimensionality, or the number of degrees of freedom, of a simulated fluidized bed. More-

over, this type of statistical information can be used to quantify the similarities between

experiment and simulation results.

1This chapter was published in the Powder Technology 128:56-77. C. C. Pain, S. Mansoorzadeh, J. L.

M. A. Gomes, C. R. E. de Oliveira (2002), A Numerical Investigation of Bubbling Gas-Solid Fluidized Bed

Dynamics in 2-D Geometries
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8.1 Introduction

The widespread applications of fluidized beds in industry and the demand for im-

provements in fluidization efficiency have increased the need for accurate fluidization

modelling. Although this poses a considerable challenge, due to the complexity of flu-

idization physics, computer hardware development and advances in numerical methods

are now providing the necessary means to investigate the validity of several modelling

approaches. By comparing numerical simulations with experiments, these modelling ap-

proaches can be validated and used with confidence to aid design and operation of flu-

idized beds.

Historically, the first attempt at modelling the hydrodynamics of fluidization was made

by Davidson [194], who assumed that the solid phase surrounding the bubble is in irro-

tational motion. He used a potential function, for the solid phase, to simulate a spherical

bubble. Following his work, various gas-particle modelling approaches were developed

by other researchers such as Jackson [195], Soo [39] and Pritchett et al. [196]. However,

these models lack experimental validation [74].

Numerical approaches to model the hydrodynamics of fluid particle systems can be

divided into two categories: discrete and continuous models. The first comprise of track-

ing individual particles subjected to the hydrodynamic forces exerted by the fluid phase.

For a dilute particle phase, particle-particle interactions can often be ignored. Hu [36]

used an adaptive meshing two-dimensional finite element method in order to simulate

a dilute fluidized bed without explicit particle interaction modelling - although particles

were prevented from overlapping. On the other hand, for a dense particle phase, particle-

particle interactions must be considered. The hard and soft sphere models were developed

to model particle interactions [7, 32, 197]. Despite the significant computation time re-

quired to track individual particles in discrete models, researchers have not been discour-

aged from using this approach in fluidized bed applications [20, 102].

The two-fluid model (TFM) [39, 198], in which the fluid and particulate phases are

assumed to behave like two inter-penetrating continua, are most commonly used for the

fluidized bed simulations. A comparison between simulation results for formation of
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a single bubble, obtained from discrete and continuous models, can be found in [197].

Further discussion of modelling the formation of bubbles can be found in [74, 199, 38,

40, 200, 201]. Some useful predictions have been made using the TFM approach. Kuipers

et al. [40] and Gidaspow et al. [202] modelled the wall-to-bed heat transfer by measuring

the effects of the rising bubbles on the thermal energy diffusion. Bouilard et al. [74]

and Lyczkowski et al. [203] discussed the voidage distributions in fluidized beds with

immersed obstacles. The similarity between the binary collisions of gas molecules and

the particle-particle collisions led to the development of the granular temperature model

[204, 205, 85, 135, 72, 83, 84, 206], which is based on the analogy with the kinetic theory

of gases. Ding Gidaspow [41] developed this model for two-phase flow by introducing

the interstitial fluid and its associated interphase forces. Other fluidized bed numerical

simulations, based on the granular temperature model, were described by Cao Ahmadi.

[207] and by Samuelsberg Hjertager [136].

The chaotic characteristics of fluidized beds have been investigated by a number of

researchers. Bouilard et al. [74] used deterministic chaos theory to analyze pressure fluc-

tuations in a circulating fluidized bed (CFB). They calculated the correlation dimension

of the bed, which was in the range of 1.5-1.9, indicating that the dynamics of the fluidized

bed may be captured by a 2-D modelling method. Ryuji et al. [208] also used chaos the-

ory to analyze the motions of bubbles and particles in a two dimensional gas-liquid-solid

fluidized bed. They used a narrowed He-Ne laser beam to provide data from the exper-

iment and to calculate the correlation dimension and Kolmogorov entropy as a function

of the superficial gas velocity. They reported that the correlation dimension for the gas

phase was higher than that for the solid phase. This implies that the gas phase has more

degrees of freedom than the solid phase. Huilin et al. [43] also calculated the correla-

tion dimension, the Kolmogorov entropy and the Lyapunov exponents of a CFB using the

measured pressure and gamma-ray measured porosity time series. Using deterministic

chaos theory they concluded that the dynamics of the CFB has two degrees of freedom

and only two independent variables suggesting that the porosity and the relative velocity,

can be useful to describe the dynamics of the system. Other related studies can be found

in [209, 45, 74].
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The chapter describes the results of the numerical modelling of gas-solid fluidized

beds. This modelling is based on a transient, mixed finite element discretization described

by Pain et al. [78] which is used to solve the multi-phase equations (see Chapter 2) with

a discontinuous finite element representation of the granular temperature and continuity

equations, and a Petrov-Galerkin discretization of the momentum equations. These set of

equations are solved with an Arnoldi-iteration method. The resulting scheme has proved

to be stable, which can allow the use of relatively large time steps (even if maximum

packing is approached), and has attractive accuracy and efficiency features. The flexibility

of the finite element approach enables simulations in geometrically complex beds to be

performed.

The main aim of this chapter is to present the analysis of the dynamics of fluidized

beds and to illustrate the application of chaos theory to investigate, numerically, the real

dimensionality, or the number of degrees of freedom, of a fluidized bed. Comparisons be-

tween numerical results and experimental data, where available, are made, together with

discussion of a number of phenomena which have been observed during the simulations,

such as the rise and eruption of bubbles at the bed surface. The effect of the finite element

computational grid is studied by investigating the convergence of the power spectrum

with grid size. Chaos theory is used to analyze the bed behavior. The application of the

chaos theory to estimate the extent of theoretical and experimental data needed to develop

useful design and flow property correlations is also discussed.

A 2-D gas-solid fluidized bed is modelled, involving incompressible, isothermal mix-

tures with no phase exchange. In the studied case the gas (air), at room temperature,

enters from the bottom of the bed and exits at the top, while the solid phase (spherical

particles) circulates inside the bed. The physical properties of both phases and boundary

conditions used in the numerical simulations are described at Section 8.2. Some numeri-

cal results and comparisons with experiments and an analysis of the features related to the

first rising bubble which is released are discussed at Section 8.3. In Sections 8.4-8.6, the

power spectra of the simulations are used to help establish grid convergence; in addition

grid sensitivity is analyzed in the light of chaos theory, which may be used to characterize

the flow regime. The effect of the walls on the flow and the vortex formation are analyzed
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in Section 8.7.

8.2 Physical Characteristics and Boundary Conditions

The experimental fluidized bed configuration was designed by Lin et al. [3]. It com-

prises of a 13.8 cm diameter cylindrical column, containing glass Ballotini beads, with

diameters in the range of 0.42-0.60 mm, and a static bed height of 11.3 cm. In this work,

a particle diameter of 500 m which density of 2.5 g.cm was assumed. Inlet superficial

velocity of air at room temperature was set as 64.1 cm.s ; this value corresponds to

18 of the terminal velocity. A time step of 0.2 ms was adopted for the simulations. Five

detectors were placed at different points within the bed to monitor the simulated instanta-

neous void fraction. The modelled fluidized bed and the detector positions are shown in

Figure 8.1(a).

Boundary conditions applied to the modelled particulate and gas phases are summa-

rized as follows. At the top of the domain, no normal flow and zero shear stress conditions

were applied to the solid phase, all components of the stress tensor were set to zero. For

the gas phase, zero shear stress was applied. This allowed gas to leave the domain un-

hindered. At the inlet boundary, the gas volume fraction was set to unity for inflowing

material. At the vertical walls, a shear stress was prescribed, obtained from Blasius’

equation [101], with a length scale equal to the static height of the bed. Wall boundary

conditions for the particulate phase described in [80] were used in this simulation.

Samuelsberg Hjertager [136] reported that results obtained from a modelling resti-

tution coefficient of 0.995 for the glass beads matches experiments. On the other hand,

Cody et al. [210] and Goldschmidt et al. [103] stated a value, for this coefficient, from

0.9 to 0.97 for glass beads of 300 m of diameter. Kharaz et al.[104] measured experi-

mentally this coefficient and found a value of 0.97. In this work, in order to minimize

numerical dissipations, a restitution coefficient value of 0.995 was used. Although this

value may make the simulations more viscous than the experimental device [136], it was

chosen because the numerical simulations of Samuelsberg Hjertager suggested that a

large restitution coefficient would lead to more accurate results. A wall restitution coeffi-
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cient of 0.75, a friction factor of 0.2 and a maximum packing factor of 0.62 were used in

the present calculations.

Based on the particle size and the density differences between particles and air, the

solid phase is classified as a Geldart B powder group [211]. For this group, bubbling starts

at the minimum fluidization velocity [212], i.e., . A value of 19 cm.s for

the minimum fluidization velocity was obtained from the second form of the Thonglimp

correlation [6],

(8.1)

where , is density ratio defined as

(8.2)

and , and are the dimensionless Galileo number, Froude number and Reynolds

number at minimum fluidization condition:

and (8.3)

In the simulations presented here, both phases are considered incompressible. The

two-fluid granular temperature equations are used with gas-phase pressure terms appear-

ing in both gas and solid phases. The gas-solid friction and drag coefficients are calculated

from a modified Ergun equation [11] for a solid volume fraction greater than , and by

a swarm-corrected single particle drag law for volume fractions less than .

8.3 Numerical Results

The numerical simulation in 2D, axi-symmetric and cartesian geometries were per-

formed. Quadrilateral elements provided a bi-linear variation of velocity and piece-wise-

constant variations of volume fraction, pressure and granular temperature.

The computed time-averaged, solid flow, pattern in a fluidized bed in r-z geometry

using a 13 20 finite element mesh is shown in Figure 8.2(a). On average, particles are

seen to ascend at the center and descend near the wall. This behavior is consistent with

the experimental results reported by Lin et al. [3] which are shown in Figure 8.2(b). The

simulation agrees qualitatively with the experiment in this respect.
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Figure 8.1: Gas-Solid fluidized bed configuration : (a) schematic of the simulations con-

ducted which is similar to the experiment carried by Lin et al.[3] and the detector positions

used in the simulations performed here - all distances are in cm; (b) 40 44 mesh used to

discretise the domain in 2D cartesian geometry.
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The time-averaged height of the experimental bed is about 20 cm, which converges

well with the simulated bed height as shown in Figure 8.3(a).

Discrepancies between the experiment and prediction results may be due to the ex-

perimental dynamics being three-dimensional, while two-dimensional axi-symmetric and

cartesian coordinates were used for the simulations described in this work. In order to

introduce heterogeneity into the bed, a small random perturbation was added to the initial

particle volume fraction distribution. This enables the symmetry to break early into the

simulations.

Differences in boundary conditions may give rise to additional discrepancies between

experiments and numerical simulations. Furthermore, while an uniform inlet gas velocity

was enforced in the simulations, it is very difficult to obtain this uniform velocity profile in

experimental devices. Indeed, other workers [211, 195] have emphasized the importance

of a uniform inlet velocity and its effect on the system’s behavior. A non-uniform inlet

velocity creates a pressure drop in the cross-stream wise direction and, therefore, the

velocity profile and the volume fraction distribution will differ from those obtained with

a uniform velocity.

There will also be differences between experiment and calculation in the initial load-

ing of the fluidized bed. Twenty-five seconds of real time simulation were performed

using the mesh shown in Figure 8.1(b), and the following fields within the domain were

calculated : volume fraction, granular temperature, velocity vectors and gas pressure.

Figure 8.3(a) shows the modelled time-average volume fraction of particles during 20

seconds (the first five seconds were neglected). This indicates that, in the time-average

sense, particles have higher concentration near the wall than at the center of the bed. Mod-

elled average granular temperatures of particles are shown in Figure 8.3(b) and indicate

that the bed’s granular temperature is higher near the top than in the other parts of the

bed. The change in the direction of motion of particles near the top of the bed creates

a particle shear stress, and this is the main source of granular temperature. In addition,

the passage of bubbles mainly through the bed center generates a relatively large time

averaged granular temperature near the bed center as depicted in Figure 8.3(b).

Dynamical simulation of the bed begins impulsively. As a result, a large bubble is
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produced which moves upwards, releasing at the bed surface. After the eruption of this

first large bubble, whose radius is comparable with the diameter of the fluidized bed, new

bubbles form near the bottom of the bed and rise towards the free surface. In order to

show the structure of the first large bubble, a sequence of images are depicted in Figure

8.4. It illustrates the rise of this bubble and the resulting expansion of the bed. After

the bubble’s eruption, the bed’s height contracts. Velocity vectors associated with these

images are shown in Figure 8.5. The flow of particles around the bubble is similar to that

of true liquids past a two-dimensional bluff body, an analogy that was first used by Davies

and Taylor [213]. A pair of vortices behind the bubble can be seen in the velocity vectors

plots, which also show that particles are falling near the wall. The figures also show the

dilute particles inside the bubble are descending.

In order to illustrate the coalescence of bubbles within the bed, a sequence of images

are shown in Figure 8.6. The raising bubbles take the form of a hemisphere, in which the

lower and flat part, is called the wake of the bubble. As seen in these figures, a ’lower’

bubble accelerates vertically and enters the wake of ’an upper’ bubble, so that coalescence

occurs from bellow.

8.4 Power Spectra Analysis

To illustrate how the solid volume fraction changes with time, void fraction fluctua-

tions at different sample points (detectors), as shown in Figure 8.1(a), are plotted in Figure

8.7. The first large peaks in these figures correspond to the formation and eruption of the

first large bubble, described previously. As can be seen from this figure, the void fluctua-

tion amplitude is larger in the center (detectors 2 and 4) than at the corresponding heights

near the wall (detectors 3 and 5). These figures also show a larger amplitude at the detec-

tor 5, indicating that the voids grow as they approach the surface of the bed. Detector 1,

placed at 1 cm above the distributor, shows the smallest oscillation in amplitude due its

location at the region near the bubble formation. Figure 8.7(f) shows the voidage fluctua-

tion in the center of the bed at 0.25 cm above the distributor. The smaller amplitude seen

in this figure is due to the proximity of the detector, just above the distributor.
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25 cm/sec

(a) (b)

Figure 8.2: Bubbling fluidized bed: (a) time-averaged velocity vectors of the particles,

calculated in cylindrical coordinates; (b) velocity vectors obtained from the experiment.
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(a) solid volume fraction (b) granular temperature

(c) gas velocity (d) solid velocity

Figure 8.3: Bubbling fluidized bed modelled in 2-D cartesian coordinates: (a) time-

averaged volume fraction of particles. On average, particles have higher concentration

near the walls than near the center. (b) time-averaged granular temperature (cm s ). The

granular temperature near the top of the bed is higher than in other regions of the bed.

Time-average gas and solid phase velocity vectors diagrams (c) and (d), respectively. The

maximum velocity of the glass beads and air are 110.00 and 154.2 cm.s , respectively.
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(t= 0.025 s) (t= 0.125 s) (t= 0.250 s) (t= 0.326 s) (t= 0.376 s)

(t= 0.441 s) (t= 0.501 s) (t= 0.526 s) (t= 0.551 s) (t= 0.627 s)

Figure 8.4: Distribution of the solid volume fraction for a simulated bubbling fluidized

bed - the mesh used for this simulation was 40 44. At the beginning of the simulation a

large bubble forms, rises and erupts at the surface of the bed. As a result, the bed height

expands and then contracts.
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(a) (b) (c) (d)

Figure 8.5: Velocity vectors of glass beads(b,d) and air (a,c) at t=0.376 s and t=0.501 s,

respectively. The maximum velocity of the glass beads are 127.0 and 124.84 cm.s and

for the gas flow are 285.0 and 505.0 cm.s , at t=0.376 s and t=0.501 s, respectively.
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(t=21.29s) (t=21.39s) (t=21.41s)

(t=21.49s) (t=21.59s) (t=21.79s)

Figure 8.6: Sequence of bubbles’ coalescence phenomena in a simulated bubbling flu-

idized bed. The mesh used has 40 44 elements.
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As reported in Section 8.3, the simulations described in this work were performed for

25 seconds with a time step size of 2.0 10 . The first five seconds of simulation were

neglected, therefore all the effects due to the impulsively initialization were disregarded.

The Fast Fourier Transform (FFT) method was used to calculate the power spectra of the

gas volume fraction of this set of data points. The power spectra of the time-series shown

above are depicted at Figure 8.8. The dominant frequencies obtained from these pictures

reveals that they vary with the position in the bed, moreover, as can be seen, they assume

values from 1.5-6.0 Hz within the bed. From Figure 8.8, two main conclusions can be

drawn; firstly the detectors placed in the center of the bed have dominant voidage fre-

quencies associated with them that are higher than the observed at the detectors near the

wall and at the same height; secondly, the closer to the distributor the detector is placed

the higher the dominant frequency. The sample points placed near the walls have dom-

inant voidage frequencies associated with them smaller than those at the same height in

the center of the bed. These smaller values are due to the train of rising bubbles in the

center path of the bed which makes the frequency spectrum in the vicinities of the wall

less susceptible to small changes in volume fraction. In fact, this could be observed either

in the animations displayed at the ACMG homepage2 or in the void fraction time-series of

Figures 8.7. To investigate the dynamics in the wall’s neighborhood, the power spectrum

of the void volume fraction time series, at detectors 3 and 5 were analyzed (Figure 8.8).

These figures show that the dominant frequencies in the regions near the walls (approxi-

mately 2 Hz) are smaller than the corresponding frequencies obtained from sample points

located at the same height in the center of the bed. These smaller frequencies are related

to the center-preferred movements of bubbles. Furthermore, the bubble waves seem to

play an important role in the other less dominant frequency components. The effect of the

walls on the flow dynamics is the focus of Section 8.7.

The influence of the time window size used to obtain the power spectra of the void

fraction at detector 1 is shown in Figure 8.9. These spectra were obtained over the final

20, 15 and 10 seconds of simulation (the first 5 seconds were taken off in order to avoid

discrepancies due to the impulsively initializing the simulation). It can be seen that the

2http://julia.ese.imperial.ac.uk
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dominant frequency varies by less than 1 throughout the time ranges. In fact, the larger

the time window the more the dominant frequency peaks shift slightly to the right. Fig-

ures 8.9(d)-(f) show the time-average solid volume fraction averaged over 20, 15 and 10

seconds, respectively.

8.5 The Effect of Grid Size

The grid size is considered an important parameter in problems involving numerical

solutions. The mesh plays an important role in the numerical resolution and also deter-

mines the computational effort. Figure 8.10 shows the eruption of the first bubble using

a course mesh of , for the same conditions used to generate the fine mesh results

shown in Figure 8.4. It can be seen that in the course mesh results, the first bubble is

represented by a large wave since the bubble boundary is smeared. Therefore, in order to

investigate the effect of the grid resolution on the solutions, the simulation was repeated

using the following grids: , and , where the first and second num-

bers are the number of uniformly spaced elements in the and -directions, respectively.

The power spectra of the void fraction, obtained from detector 1 over the final 20 seconds

of simulations, were compared for different grid sizes. In this way, the influence of the

grid size upon the numerical solution can be evaluated.

Initially, the power spectra of the 13 20 and the 40 20 grids were compared. As can

be seen in Figure 8.11(a), when the number of elements in the x-direction was increased,

the dominant frequency (around 5 Hz) was only slightly shifted to the right, indicating

that the number of elements in this direction is probably adequate to solve the solution.

The number of elements was then increased in the y-direction from 20 to 32, and the

resulting spectra shown in Figure 8.11(b). As can be seen, the peak shifts to the right,

which indicates that the mesh was not sufficiently fine in y-direction. The grid resolution

was further increased again from 32 elements in the y-direction to 44 and the power

spectra were compared. A shift to the right in the power spectra was observed in Figure

8.11(c) indicating that there may still be room for improvement of numerical resolution.

However, further increases in resolution were not pursued because of the computational
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(a) Detector 1 (lower center) (b) Detector 2 (mid-center)
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(c) Detector 3 (mid wall) (d) Detector 4 (upper center)
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(e) Detector 5 (mid wall) (f) Sensor just above distributor

Figure 8.7: Void fraction time-series during 25 seconds of simulation at 5 detectors placed

at various points within the bed. Position related to (f) is placed in the center of the bed

at 0.25 cm above the distributor
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(c) Detector 3 (mid wall) (d) Detector 4 (upper center)
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Figure 8.8: Power spectra of void fraction fluctuations at different detectors.Position re-

lated to (f) is placed in the center of the bed at 0.25 cm above the distributor
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(a) t=20 s (b) t=15 s (c) t=10 s

(d) t=20 s (e) t=15 s (f) t=10 s

Figure 8.9: Power spectra of void fraction fluctuation at detector 1 and corresponding

time-average solid volume fractions. The time interval used to generate the frequency

spectra and the averaged volume fractions are indicated under the figures.
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demands. This lack of numerical convergence led us to use all four numerical solutions

in the analysis of the next section.

8.6 Investigation of Hydrodynamics of the Fluidized Bed

using Chaos Theory

In this section, some statistical parameters, such as the maximum likelihood estima-

tion of the correlation dimension ( ) and the Kolmogorov entropy ( ), the Lya-

punov exponent and the non-linearity test are used to help analyze the chaotic behavior

of the simulated fluidized beds. A review of these dynamical parameters was reported by

Johnsson et al. [113].

The correlation dimension of an attractor identifies the spatial correlations between

points on the attractor, i.e., it is related to the spatial complexity of the attractor in state-

space. In fact, it can be defined as a measure of the spatial homogeneity in the state space.

Moreover, the correlation dimension is obtained from the correlation integral which is

described as the probability that two points on the attractor are within a cell of size l. The

correlation integral is usually obtained from the Grassberger-Procaccia method which

calculates the density of the attractor in phase space from:

(8.4)

where and are the embedded points in the vector time series, is the number of

points, is the Heaviside step function defined as

(8.5)

Van der Stappen et al. [149] reported that for small length scales, the correlation integral

and the correlation dimension ( ) are related as

(8.6)

can be calculated from either the slope of the linear part in the log-log plot of the
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Figure 8.10: Distribution of volume fraction of particles for a bubbling fluidized bed

simulated using a grid. The first bubble, also reported at Figure 8.4, rises as a

large wave due to low numerical resolution.
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(a) Power spectra of the 13 20 and 40 20 grids.
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(b) Power spectra of the 40 20 and 40 32 grids.
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(c) Power spectra of the 40 32 and 40 44 grids.

Figure 8.11: Power spectra of bubbling fluidized bed for several grid sizes at detector 1.
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correlation integral versus distance, l, or by fitting to l at small length scales using

any non-linear surface fitting method.

In order to show the low-order attractor dimension, the logarithm of the correlation

integral, , was plotted against the logarithm of the relative distance, (see

Section 5.6.3 and [47, 143]), for several embedding dimensions obtained from the voidage

fluctuation time-series of the 40 44 grid simulation. As can be seen in Figure 8.12(a), as

the embedding dimension is increased a relatively constant slope of about 1.8 is obtained,

which indicates a low-order attractor dimension equal to 2.

According to Takens [214], if the underlying state space of a system is dimensional,

then embedding space dimensions are sufficient to capture completely the dynam-

ics of the system. However, as Hilborn [49] reported, for dissipative systems the effective

dimensionality is that of the system attractor, in this case 1.8. Therefore an embedding

dimension greater than or equal to 5 is adequate to capture the dynamics of the system.

According to Huilin et al. [43], having a dimension less than 2, it proves that the hydro-

dynamics of this fluidized bed is governed by two independent variables, which could be

chosen to be the void fraction and the slip velocity. As Huilin et al. explained, there is

also an upper limit to the number of variables required to describe the dynamics of the

system, , in this case 5 variables, which consists of two components of the velocity

in each phase and a void fraction. This implies that, at most, 5 differential equations are

necessary to describe the system. They emphasized the importance of the drift flux model,

in which only two variables, namely void fraction and slip velocity, need to be considered

for small circulating fluidized beds. For larger diameter fluidized beds, where cross flow

phenomena are important, the flow should be expressed as a function of the void fraction

and the three components of the slip velocity.

These arguments demonstrate the potential of chaos theory to determine the number

of variables that a modeler should use to develop useful design correlations.

The concept of the Lyapunov exponents was developed to characterize the stability of

linear and non-linear systems. They are defined as the logarithms of the absolute value

of the eigenvalues of the linearized dynamics averaged over the attractor [47]. A negative

exponent suggests a local average rate of contraction whereas a positive value indicates



Chapter 8. Dynamic Study of 2-D Bubbling Gas-Solid Fluidized Bed 207

a local average rate of expansion. Many researchers have been using the spectrum of

Lyapunov exponents as a measure of the effect of perturbing the initial conditions of a

dynamic system.

The Kolmogorov entropy is defined as the sum of the positive Lyapunov exponents of

chaotic systems [49], therefore a positive Kolmogorov entropy indicates that at least one

of the Lyapunov exponents is positive, showing that the system is chaotic. For periodic

data, i.e., completely predictable, the entropy is equal to zero. On the other hand, the

entropy of purely random data is infinite, and systems with deterministic chaotic dynamics

have entropies between the limits of the random and periodic. The Kolmogorov entropy

is formally defined as a measure of the rate of information loss along the attractor or as

a measure of the degree of predictability of points along the attractor given an arbitrary

initial point [150]. Therefore, the Kolmogorov entropy is the best way to estimate the

rate of generation of information of a system and can be used to characterize the time

dependent behavior of fluidized beds.

Although chaotic systems usually have infinite fractal correlation dimension, a non-

integer value can not be considered as a definite proof of the characteristic dynamics of

a system. In fact, the integer number greater than the correlation dimension is usually

related to either the dimension of the true state space or the number of degrees of freedom

of the signal.

In this work, the maximum-likelihood estimation of the correlation dimension (D )

and the Kolmogorov entropy (K ), as presented by Schouten et al.[150, 149], were

processed by means of the RCHAOS software package [147]. The is mathematically

defined as :

(8.7)

where is the sample size of interpoint normalized distances . The distances

are normalized by the maximum scaling distance, . The maximum-likelihood estimation

of the Kolmogorov entropy is described as :

(8.8)
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with

(8.9)

is the number of sequential pairs of points on the attractor in which the interpoint

distance is greater than the specified maximum interpoint distance, . Thus, is the

average value of the set of , in the sample with sample size .

is the sampling frequency. The is measured either as or as , which

are related to the loss of information in real time units and within an average cycle in the

time series, respectively.

The surrogate analysis [113] is a tool for evaluating the non-linearity of a set of data

points. Firstly, the phases of the Fourier transform of the original time series are randomly

shuffled and then the inverse transform is applied to generate a surrogate time series that

has the same autocorrelation as the original time series. If the original time series is non-

linear, then after this procedure the surrogate data series dynamical parameters should

be different from the former’s data set. If there is not any difference in such parameters

then the former time series can not be considered as non-linear or chaotic. The average

difference between the original time series and the surrogate time series is described by

the average number of standard deviations of the surrogate series, .

In the algorithm reported by Johnsson et al. [113] the value should be less than

, and the low the value of , the lower the probability that the original time series

was generated by a linear stochastic process. However, greater than does not

necessarily mean that the time series is not chaotic, but the dynamic parameters obtained

by the surrogate time series can not be unequivocally related to chaotic systems.

Johnsson et al. used the aforementioned parameters to describe the chaotic behavior

of fluidized beds using a time series achieved from pressure fluctuations. Moreover, they

suggested that the dynamical parameters should be used to characterize the flow regime

during a numerical simulation. They reported some ranges for the maximum-likelihood

estimation of the correlation dimension and the Kolmogorov entropy and the average

surrogate time-series value. According to them, for low velocity slugging regimes the

should be around 2.0, whereas for high velocity turbulent regime, its value should
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be up to 6.0. For bubbling regimes the maximum-likelihood estimation of the correlation

dimension should be around 5.0. Therefore, as a measure of the complexity of the attractor

in state-space, the , can be use to characterize the complexity of the regime and the

evolving bubbles. Indeed, the and the should be used to analyze the non-

linearity since it is expected that systems with high dimension are difficult to set apart

from stochastic systems. The calculated and of the fluidized bed described in

previous sections are shown in Tables 8.1 and 8.2, respectively.

Although the are, in most cases, greater than , the time series can not be

claimed, definitely, as non-linear. Indeed, the maximum-likelihood estimation of the cor-

relation dimension in all sample points of all grids reveal that the flow can be considered

as bubbling. This flow behavior is confirmed by the void fraction distribution during the

time series. Johnsson et al. reported that a time-series can be assumed as definitively

non-linear if and are less than and , respectively. Figure 8.12(b) shows,

for all 5 detector positions (and this includes the information shown in Tables 8.1 and 8.2)

that most of the points lie within this range.

The maximum-likelihood estimation of the Kolmogorov entropy is more directly re-

lated to the macrostructure of the flow than the other dynamical parameters. Thus it can

be used to characterize the flow regime, its value, in , for the aforementioned

grids and sample points is depicted in Figure 8.13. This figure shows that the macroflow

becomes more complex as the grid is refined. Moreover, the is sensitive to the

position of the detector, i.e., the higher the sample point is located, the higher the value

of . This may be directly related to bubble coalescence phenomena as reported by

Nguyen et al. [215], indeed, at the lower positions the train of rising bubbles in the center

of the bed trends to merge into large bubbles. These can only be observed at the detector

located in the top of the bed height.

8.7 Investigation of Wall Effects

As described at Section 8.3, the bed walls play an important role in the bubbling

regime. In this section some of the dynamical parameters previously reported are used to
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Grid Det. 1 Det. 2 Det. 4

5.23 5.40 4.95

5.90 5.62 3.00

5.54 4.98 3.81

4.71 3.94 2.19

Table 8.1: Predicted maximum-likelihood estimation of the correlation dimension ( )

at the detectors placed in the center of the fluidized bed (Figure 8.1 (a)) for the simulations

conducted with the , , and grids.

Grid Det. 1 Det. 2 Det. 4

1.04 1.74 0.10

-1.89 -1.64 -2.91

-2.94 -1.80 -3.40

-3.04 -4.27 -6.59

Table 8.2: Predicted average number of standard deviations of the surrogate series ( )

at the detectors placed in the center of the fluidized bed (Figure 8.1 (a)) for the simulations

conducted with the , , and grids.
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Figure 8.12: (a) Log-log plot of the correlation integral versus relative distance (in the

Euclidian sense) between volume fractions for the grid bubbling fluidized bed at

detector 2. (b) plot for different grids at several positions.
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Figure 8.13: Maximum-likelihood estimation of the Kolmogorov entropy, in ,

at all detectors for the , , and . Note that increases

with height of detector.
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analyze the flow behavior at the wall vicinities.

In order to study the influence of the walls on the behavior of the flow, a simulation

was performed in a 2-D fluidized bed consisting of a column of width of 24 cm in which

spherical glass beads of 500 m of diameter and a density of 2.5g.cm are fluidized. The

static bed height is 12 cm. The width of the column was increased relative to the height

of the bed in order to assess the effect of the walls in the bed dynamics. All the boundary

and initial conditions described for the bed at Section 8.2 were used in this simulation.

However, an inlet gas (air) velocity of 100 cm.s at room temperature (approximately

five times the minimum fluidization velocity) was used in this numerical experiment. A

time step of 2.0 10 seconds was adopted.

The minimum fluidization velocity for this system, which is classified as Group B of

Geldart powders, is about 19.5 cm/s. As the Froude number is greater than unity, this bed,

like most gas-particle fluidized beds, operates in an aggregative state in which bubbles

play a major part in the dynamical behavior.

In the time-average sense, the concentration of particles near the wall is higher than

that in the other regions of the bed (see [11]) and the time-averaged velocity vectors of

the solid and the gas phase indicate that the gas velocity in the regions with lower concen-

tration of particles is larger. In addition, a larger solid velocity is detected in the regions

near the walls. Moreover, in a time-average sense, particles circulate by descending near

the wall and ascending in the other regions of the column. A different behavior can be

observed in a small region near the top and center of the bed. Although the symmetry

is broken at the beginning of the simulation and the subsequent flow has no line of sym-

metry, in the time-average sense the flow has a symmetrical shape. The time-averaged

granular temperature distribution indicates that, due to higher shear stress of particles

near the top of the bed, the granular temperature of particles is higher at the top than in

other regions of the bed.

The bubbles’ coalescence effect was previously reported by Pain et al. [11]. In this

case, the simulation was conducted in a relatively wide fluidized bed so as that the effect

of the walls on the shape of the bubbles is negligible. The bubbles take the form of a

hemisphere, in which the lower part of this hemisphere, the flat part, is called the wake
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of the bubble. As a lower bubble accelerates vertically and enters the wake of the upper

bubble, coalescence occurs. The gas phase moves with a high velocity through regions

with lower concentration of particles; most gas flows through bubbles.

In the corners of the fluidized bed, particles descend near the walls and rapidly change

direction as they approach the bottom of the bed. This effect was earlier reported by

Wirth [12], who showed that the falling particles near the wall are decelerated by the

upstream gas flow. This kind of ’flow colision’ results in a circular/elliptical movement of

either the gas or the particles stream directions. Indeed, the vorticity effects, observed at

these figures, near the bottom corner of the fluidized bed is strongly related to the rising

bubbles, i.e., while the bubbles are ascending, they catch some particles in their bottom

hemisphere, the particles trends to occupy the voidage left by the bubble arising. This

movement forces the particles flow downward to modify their direction and later to other

directions due to other rising bubbles. In fact, the large particle vorticity in the bottom

corners acts as a source of voidage, as reported by Gidaspow [38], from which bubbles

are born.

8.8 Conclusions

Using the two-fluid-granular temperature model, fluidized beds have been simulated

numerically. The gas, air at room temperature, enters from the bottom of the fluidized

beds and exits from the top, while particles circulate inside the bed. In the fluidized

bed simulated, which was operating in a bubbling regime with particles in group B of

Geldart classifications, the time-averaged velocity vectors, obtained from the simulations,

were qualitatively consistent with the corresponding velocity vectors seen in published

experimental results. In addition, the simulated time-average bed height matches the

experiment.

Grid convergence tests carried out as part of this simulation showed that, by increas-

ing the number of elements, higher frequencies appear in the power spectra. In general,

because of the chaotic behavior of the system, a refined grid is necessary to achieve a

reasonable convergence.
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To show that this system is chaotic, the correlation dimension, the Kolmogorov en-

tropy and the Lyapunov exponents were calculated and it was shown that this system is

chaotic with a low-order dimension, 1.8. As a conclusion, according to [43], at most 5

equations are necessary to describe the system, e.g, four equations for two components of

velocity, in 2-D, for two phases, and one equation for the void fraction.

In order to investigate the effect of walls on the behavior of flow, the bubbles dynamics

in the vicinities of the wall were analyzed. It was observed that the corners of the bed are

among the locations where bubble formation starts. This can be attributed to the forces

acting on the particles that are changing direction near the corners and creating regions of

high vorticity, from which bubbles are born.



Chapter 9

Mixing Dynamics of Particle Clusters in

Risers

9.1 Introduction

Fluidization technology is a trillion dollars business used in a wide range of chemical,

biochemical, nuclear and energy generation processes [4]. In particular, gas-solid flu-

idized beds play an important role in a wide-range of industrial applications due to their

high operational efficiency in chemical conversion, heat and mass transfers and particle

mixing [4, 61]. Fluid catalytic cracking (FCC) technology is one of the most power-

ful fluidization technologies worldwide and is applied to the conversion of oil into low

molecular-weight molecules such as gasoline.

Kersten et al. [216] (see also [217]) showed that bubbling fluidized beds can also be

used to obtain energy from the pyrolysis of biomass as a cleaner energy resource. Kaneko

et al. [20] investigated the polymerization of gas-phase olefins using 1000 m diameter

Ziegler-Natta catalyst particles. They simulated the conversion through the soft-sphere

discrete element model (DEM), in which approximately 28000 particles were individu-

ally tracked in space-time in a 2-D domain. The use of DEM in the simulation of coupled

particle-fluid flow has attracted great attention due to exponential increases in computa-

tional resources. However the maximum number of particles in such simulations is still

215
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Figure 9.1: Schematics of a circulating fluidized bed.

limited by computational power. The two-fluid model (TFM) was used by Chaouki et

al. [218] to study the catalytic oxidation of natural gas for the synthesis of ethylene in

turbulent fluidized bed reactors. In their model, natural gas and air are fed into a reac-

tor containing fine particles of catalyst (MgO with mean diameter of approximately 120

m) and the flow can be categorized into three regions: (i) a single phase homogeneous

bed, (ii) a two-zone bed with a dilute flow in the core and an emulsion zone in the an-

nulus and (iii) a turbulent bed oscillating between slugging and homogeneous expansion.

Such complex structures have the advantage of allowing fast gas-solid exchanges and ad-

ditional conversion of reactant in the freeboard [4]. Circulating fluidized beds (CFB) are

loop-systems commonly used in several industrial processes (Chapter 1). They are com-

posed by a vessel, called riser, in which the entrained solids rise upward. At the riser exit,

particles are captured and separated from the gas in a cyclone. The solids then pass via a

standpipe back to the base of the riser for re-injection (Figure 9.1). Circulating fluidized

beds are always operated in the regimes beyond bubbling fluidization, although they are

often associated with operation in the fast fluidization regime.

The optimization of CFBs operations, in particular their chemical conversions and

geometric configurations, have already been exhaustively investigated by a number of re-
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searchers (see [16, 219, 220]. For instance: Levenspiel [53] reported the chemical kinetics

in gas-solid reactor model, from packed beds to fast CFBs; Harris [221] investigated the

influence of the exit geometry of CFBs on pressure fluctuations; Kehlenbeck et al. [16]

experimentally studied the behavior of a CFB used in the pilot plant for the gasification

of biomass, and proposed some expressions to correlate particle properties and the CFB

performance.

Similarly, the modelling of the gas phase hydrodynamics and the dispersion of parti-

cles in CFBs has received a great deal of attention from the scientific community [222,

223, 224]. However, such investigations have made no particular distinction of the hydro-

dynamics in different parts, such as the downcomer, the riser, the cyclone, the measuring

bed and the slow bed among others. While such work can lead to the operational opti-

mization of emulsion and dilute flows in fluidization equipment, it does not contribute to

the understanding of cluster motions, gas phase turbulence and other transport phenomena

that should be studied individually.

The fluid dynamics investigations in CFBs have been focused on the cluster motion

in the riser section, as it is here that the processes important to most industrial applica-

tions, such as solid segregation and mixing (due to radial gas mixing), and heat and mass

transfer, take place. Glicksman et al. [223, 222, 225] investigated the radial solid flux

in CFBs using a Lagrangian model and verified substantial interactions between the gas

flows and cluster of particles bouncing through several cross-sections. Such interactions

were mainly due to the gas phase turbulence and have strong influences on the wall-bed

heat flux. Fligner et al. [226] developed a model which correlates the behavior of the

radial density profile and the radial concentration in riser reactors operating under indus-

trial conditions. Risers usually consist of two hydrodynamical regions: (i) an emulsion

phase transported upwards by a dilute gas flow in the core zone and (ii) downwards par-

ticle flows in the annulus zone. However, Malcus et al. [227] experimentally investigated

the radial solid flux in dense regions of CFBs, and noticed that at the bottom region of

risers, particles may flow upwards near the wall. Such particle flow reorientation was

also reported by Pain et al. [11] and by van der Stappen et al. [44] for fluidized beds

operating under bubbling conditions, but with downwards particles forced to move up-
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wards in the bottom region in the wall zone. Nieuwland et al. [228] used a 1-D model to

study the steady-state hydrodynamics of fully developed flow in an axi-symmetric riser.

Although their model did not take into account particle collisions model, the calculated

axial velocity profile of the solid phase agreed with experimental data.

Numerical simulations involving cluster formation and motion in risers have received

a great deal of attention due to the increase in available computer power [38, 229]. Tanaka

et al. [224] used an Eulerian-Lagrangian model to investigate cluster structures and mo-

tion in a 3-D lab-scale riser and compared the radial concentration and velocity with those

obtained experimentally. Although they agreed qualitatively, their model overestimates

the number density of clusters and the clusters’ shape did not match with the images pro-

vided by the laser-sheet visualization equipment. Helland et al. [229] used a similar ap-

proach to model 3-D risers focusing on the influence of inelastic particle collisions on the

cluster density. They reported that low dispersion of particles during inelastic collisions

(controlled by the particle-particle restitution coefficient) decreases the local porosity and

enhances solid phase concentration fluctuations. A similar behavior was previously re-

ported by Goldschmidt et al. [103] in their study concerning dense flows in bubbling

fluidized beds. Neri Gidaspow [8] investigated the gas-particle flow in 2-D risers op-

erating with FCC particles (Geldart A particles with diameter of d =75 m) at several

solid throughflow rates by using the two-fluid granular temperature model. Their careful

study regarding radial solid concentration, solid flux oscillations and time-averaged solid

concentration led to reliable values for the granular temperature (and consequently the

solid viscosity) as a function of physical system parameters. They compared the dynamic

behavior of such simulated risers, in cylindrical and cartesian coordinates, with exper-

imental results. Their results suggested that the solid velocity profile can be described

by a high upward flow in the core region, and a downwards and upwards stream can be

observed near the wall region [4]. In addition, the granular temperature, as a measure of

the mean particle agitation, is higher in the core and smaller near the walls.

In this chapter, numerical simulations of 2-D and 3-D risers operating at standard tem-

perature and pressure are conducted in the two-fluid granular temperature model frame-

work using the finite-element CFD code, FLUIDITY [78, 11]. The influence of the
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collisional-energy dissipative parameters, such as particle-particle, particle-wall and fric-

tion coefficients on the granular hydrodynamics are also analyzed. Moreover, the for-

mation and break-up of clusters within the domain is investigated through analyzing the

spatial/temporal power spectra density. The regime flow is also studied with deterministic

chaos theory. Although the TFM was used to model the gas-solid flow, passive tracers in

the form of zero mass Lagrangian particles were added to the system to investigate the

motion of particles and their influence on the bouncing clusters.

9.2 Description of the Numerical Experiments

In this work, numerical simulations conducted in 2-D and 3-D cartesian geometry

were performed. Glass Ballotini particles with diameters of 500 m along with air were

fed into the domain at a constant throughflow rate and inlet gas velocity. After the initial

loading of particles, a quasi steady-state is reached from which the analysis described

here was performed. Initial conditions and general configurations used in the simulations

are described in Table 9.1. In the 2-D simulation, a riser of diameter 15.24 cm and of

height 100.0 cm is loaded with particles at a throughflow rate of 40.0 kg.m .s . The

inlet superficial gas velocity was 4.0 m.s . The 3-D simulation was conducted in a riser

of diameter of 7.62 cm, and a height 100.0 cm. Physical properties of both phases are

described in Table 9.2.

As a boundary condition, zero shear stress conditions were applied to the solid phase

at the top of the domain,. Wall boundary conditions for the particulate phase described

in [80] were used in these simulations. Air, at standard temperature and pressure, was

modelled as a compressible Newtonian fluid, assuming ideal gas behavior. In addition,

both the fluid and solid phases are free to leave the domain through the top boundary.

9.3 2-D Numerical Simulations

In this section, the numerical results obtained from 2-D simulations are analyzed and

the influence of dissipative energy parameters on the granular flow dynamics is inves-
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2-D riser diameter 0.1524 2-D riser height 1.00

(m) (m)

3-D riser diameter 0.0762 3-D riser height 1.00

(m) (m)

Inlet gas velocity 4.00 Solid throughflow rate 40.00

(m.s ) (kg.m .s )

Initial porosity 0.03 Initial temperature and 20.0 C

pressure 1 bar

Particle-particle Particle-wall

restitution 0.97 restitution 0.90

coefficient coefficient

Friction coefficient 0.14

2-D Grid 20 131 3-D Grid 10 10 60

(0.1524 0.10 m) (r= 0.0381; z=0.10 m) (1664 elements)

Table 9.1: General systems configurations and initial conditions.

Solid Phase Gas Phase

Density 2.66 10 ideal gas law

(kg.m )

Particle Diameter 5.00 10 –

(m)

Dynamic Viscosity – 9.99 10

(kg.m .s )

Table 9.2: Physical properties of the solid (glass Ballotini particles) and gas (air) phases.
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tigated. In addition, the formation and breakup of clusters are studied through power

spectra density of pressure and voidage fluctuations.

All the simulations were initialized with a uniform solid volume fraction of 0.03.

Although the simulations were performed over 175 seconds of riser operation, only the

final 28 seconds were used to analyze the dynamics at a statistically steady state. This

time-window was chosen based on the power spectra densities (PSD) of the time series

of the voidage fluctuations, recorded at several detectors placed within the domain. The

time series analysis described in the remainder of this section were performed using the

data obtained from the 28 seconds time window. All the results shown here were obtained

from simulations using particle-particle, wall-particle restitution coefficients and friction

coefficients of 0.97, 0.90 and 0.14, respectively. In Section 9.3.3, the influence of energy

dissipative parameters on the hydrodynamics is investigated by changes in the particle-

particle and the wall-particle restitution coefficients (see Table 9.3). However simulations

presented in Sections 9.3.1 and 9.3.2 are performed with the energy dissipative parameters

described in Table 9.1.

9.3.1 Testing for Stationarity

In the transient regime, the initial loading of particles and their large concentration

in the upper region of the risers results in strong oscillations in the particle concentration

and redistribution in the remainder of the domain. During this regime, the riser content

becomes increasingly dense until the quasi steady-state regime is reached. All analysis

on the dynamics is performed after such a regime is reached. Thus, stationarity tests were

performed on the time series of voidage fluctuations to ensure that the dynamical results

obtained were statistically steady.

Despite extensive efforts to improve the results obtained from numerical simulations

by the development of new numerical techniques, comparisons of such results and those

obtained from experiments are still difficult, since only statistical quantities can be prop-

erly compared [43, 44]. As the granular flow in fluidized beds is chaotic, dynamic analysis

has been applied to time series of either voidage or pressure fluctuations to identify flow
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regime (e.g. bubbling and slugging bed). Reviews of chaos theory can be found in [47]

(see [113] for a overview of the dynamic tools applied to the study of fluidized beds).

One of the first works published on chaos theory applied to fluidized beds, by Baskakov

et al. [140], associated pressure fluctuations with bubbles flowing around pressure trans-

ducers. Huilin et al. [43] used pressure fluctuation data, obtained from a lab-scale CFB,

to calculate the correlation dimension, which can be defined as a measure of the spatial

homogeneity of an attractor. They used the correlation dimension to infer the real dimen-

sionality of a system and to establish the number of differential equations that are needed

to describe a system. They also used Lyaponov exponents to determine how chaotic dif-

ferent fluidization regimes can be.

Dynamic systems that display chaotic behavior can only be analyzed through statisti-

cal methods. The set of differential equations used to describe such systems are time-

dependent. However, the solution eventually tends to become time-independent, i.e.,

reaches stationarity. Once stationarity is reached, statistical analysis can be performed.

Many researchers have addressed the issue of establishing when stationarity has been

reached, from which statistical analysis can be performed.

Stationarity is defined as a property in which the mean and the variance of a given time

series do not change over a period of time. This means that the dynamic properties of the

systems underlying signal must not change during that period of time, and over short time

intervals, the variance should not vary significantly [142]. Stationarity is classified into

weak stationarity, which has a constant mean and variance, and strong stationarity, where

all higher-order moments are constant.

Several statistical tests for stationarity have been proposed in the literature [142, 143].

In most of these tests, a set of parameters (for example, power spectrum, mean or variance)

are calculated using different segments of the time series. The parameters are evaluated

and if the variation among them is significant, i.e., beyond an estimated deviation, the

time series is assumed to be nonstationary. Kennel [144], however, used the information

obtained from time distribution of points in a state space to infer stationarity. His method

investigates the geometry of orbits in state space by quantifying nonstationarity from the

properties of nearest neighbors in state space. Schreiber [145] tested for stationarity by
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checking for compatibility of nonlinear approximations to the dynamics in different seg-

ments of the time series.

In this work, the power spectra density (PSD) of several fragments of data of solid

volume fraction fluctuations were calculated. The dominant frequency and overall behav-

ior of the set of PSDs were compared, and if no large shift to any side was found, the

dynamics were assumed to have reached stationarity.

Power spectra densities of solid volume fraction fluctuations of 2-D simulations were

calculated from data collected at several positions within the domain during 174.37 sec-

onds. This set of data was split into six fragments, and the PSDs of each were calculated

(Figure 9.2). These PSDs were obtained from a detector placed near the wall and at 30.0

cm above the inlet region.

Three dominant frequencies are present: 0.5, 1.0 and 4.0 Hz. Although the larger

dominant frequencies are very similar, at approximately 4.0 Hz, shifts towards lower

and higher frequencies occur, i.e., 5.0 Hz for a time-window of 50.73 69.98 s,

3.0 Hz for 70.05 94.99 s, 3.5 Hz for 98.0 142.85 s and, 4.1 and 3.9 Hz for

146.37 159.87 s and 160.0 174.37 s, respectively. These small shifts in the

latter two time-windows indicates that the system has reached stationarity. Therefore, in

the remaining of this work, all the analysis are conducted within the last time-window

(146.37 174.37 seconds).

9.3.2 Formation and Breakup of Clusters of Particles

After the initial particle loading, when the riser contents become denser, a quasi

steady-state regime is reached and a quasi-periodic established behavior. Particles move

upwards and can either leave the domain, or fall in the near wall region. As they fall,

they may collide with rising particles and form particle clusters which vigorously move

upwards and downwards. As the clusters fall and crash against the bottom region, the

particle clusters break up and splash onto the opposite wall, passing through the center

line of the riser and promoting strong recirculation and mixing. Such behavior is shown

in the sequence of frames in Figure 9.3.

The cluster motion may also be observed through the investigation of the time-averaged
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Figure 9.2: 2-D Riser: testing for stationarity (Table 9.1). The PSD of solid volume

fraction fluctuations obtained from a detector placed in the wall region at 30.0 cm above

the bottom of the riser.
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Figure 9.3: 2-D Riser: Snap-shots of the formation and break-up of clusters. The

solid volume fraction distribution is drawn every 0.1 seconds, starting at 155.2 seconds

.

solid volume fraction, solid vertical velocity and granular temperature shown in Figures

9.4, 9.5(a) and 9.6, respectively. At 1.0 cm above the bottom inlet boundary, a flat solid

velocity profile can be seen due to the uniform solid throughflow rate. However as the

distance from the inlet boundary increases, larger solid velocities in the core region and

lower (and eventually negative) velocities in the wall region are observed. Such time-

averaged behavior agrees with the experimental results reported by Neri Gidaspow [8]

(and also in [4, 229, 10]) in which particle annular flows were noticed.

As indicated by the time-averaged granular temperature at the wall and central regions,

shown in Figures 9.6(a) and (b), respectively, increased uniform kinetic energy dissipation

occurs near the wall. Since the core region has a lower particle concentration, the time-

averaged granular temperature is lower than in the wall region. However, in the upper

regions, i.e., at the exit zone, large granular temperatures may be seen in the core region.

In addition, the bouncing of particles at the exit zone may lead to either particles falling

back into the domain or leaving it unhindered. The overall results obtained from this

simulation qualitatively agree with the granular flow behavior reported by Huilin et al.
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Figure 9.4: 2-D Riser: Time-averaged solid volume fraction at several heights along the

domain (Table 9.1).

[10], in which a core-annular structure characterizes the flow, i.e., in a time-averaged

sense, particles are concentrated in the wall region (see Figure 9.4), whereas in the core,

larger velocities promote fast particle transport.

Most of numerical studies of risers dynamics were conducted after a quasi-steady

state was reached. However, establishing this regime is still an issue, due to the high com-

putational costs associated with such long simulations. Therefore, most of the analysis

available in the literature used data obtained after 20-50 seconds of simulation [226, 8].

Although all analysis in this work was performed after stationarity was reached, a brief

comparison between the particle flow behavior in the first 108 seconds (Figure 9.7) and

in the last 10 seconds (Figure 9.8) of numerical simulation was conducted. The results

shown in these figures were obtained from a cross section at a height of 30.0 cm above the

bottom inlet boundary. A uniform solid volume fraction can be observed (Figure 9.7(a))

although large peaks in the wall region at two snapshots (60.20 and 96.24 seconds) may

represent a transient behavior or a cluster passing through the region. However, as indi-

cated by Figure 9.7(b), there are no significant increases in the granular temperature for

these snapshots (except at the start up of the simulation, where a flat granular tempera-

ture profile is observed due to the initial conditions). The vertical solid and gas velocities

(Figures 9.7(c) and (d), respectively) have, however, similar magnitudes.
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Figure 9.5: 2-D Riser: Time-averaged solid vertical velocity at several heights along the

riser (Table 9.3).
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Figure 9.6: 2-D Riser: Time-averaged granular temperature at the (a) wall region and at

the (b) center (Table 9.3).
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Figure 9.7: 2-D Riser: Several fields within the first 108 seconds of simulation at 30.0 cm

above the bottom inlet boundary (Table 9.1).
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The time-averaged solid volume fraction shown in Figure 9.4 reveals a larger particle

concentration in the wall region than at the core. Such behavior is not as clear in the

solid volume fraction snapshots shown in Figure 9.8(a), due to the large nonuniformity

of the flow during the motion of the clusters. However, it is observed through the PSD

(Figure 9.9) of voidage fluctuations measured at four detectors located at 30.0 and 80.0

cm above the bottom inlet boundary. They were placed at the wall and center regions.

The detector located at 30.0 cm above the bottom inlet boundary and in the center region

(Figure 9.9(a)) exhibits a dominant frequency of approximately 1.0 Hz, and a second

large peak between 3.5 and 4.0 Hz. At the same height, but in the wall region (Figure

9.9(b)) the dominant frequency is 0.5 Hz and the second largest peak is between 2.0 and

2.5 Hz, i.e., approximately half of that observed at the center region. A similar behavior

is noticed for the PSD obtained from detectors placed at a height of 80.0 cm above the

bottom inlet boundary (Figures 9.9(c) and (d)). The larger voidage fluctuation dominant

frequencies in the core of the risers are due to the expansion of clusters from a high

packing condition to a more misty configuration away from the wall .

This may be observed from a series of graphs, at different instances in time, of the particle

concentration against granular temperature in the wall and core regions, at 30.0 cm above

the bottom inlet boundary, Figures 9.9(e) and (f).

9.3.3 Influence of Energy Dissipation Parameters

Goldschmidt et al. [103] numerically investigated the hydrodynamics behavior of

bubbling fluidized beds using particle-particle restitution coefficients in the range of 0.73

to 1.00, and compared the results obtained from these simulation with experimental re-

sults. They reported that the smaller the restitution coefficient, the more rapidly the energy

dissipates through the system. Therefore, as the particle-particle restitution coefficient

decreases, the fluidization becomes more vigorous, i.e., as the particle collisions become

less ideal (more inelastic), more energy is dissipated. Since the particles tend to become

packed in the densest regions of the bed, sharper gas volume fraction contours and larger

bubbles occur here. In order to investigate the influence of the dissipative energy parame-

ters in gas-particles dilute flows, a set of 2-D simulations were conducted using different



Chapter 9. Mixing Dynamics of Particle Clusters in Risers 231

0.00

0.04

0.08

0.12

0.0 3.0 6.0 9.0 12.0 15.0

s
o
l
i
d
 
v
o
l
u
m
e
 
f
r
a
c
t
i
o
n

x(cm)

t=159.60 s
t=162.00 s
t=165.62 s
t=169.23 s
t=170.43 s

0.00e+00

5.00e-03

1.00e-02

1.50e-02

0.0 3.0 6.0 9.0 12.0 15.0

g
r
a
n
u
l
a
r
 
t
e
m
p
e
r
a
t
u
r
e
 
(
m
2
.
s
-
2
)

x(cm)

t=159.60 s
t=162.00 s
t=165.62 s
t=169.23 s
t=170.43 s

(a) solid volume fraction (b) granular temperature

0.0

2.0

4.0

6.0

8.0

0.0 3.0 6.0 9.0 12.0 15.0

v
e
r
t
i
c
a
l
 
v
e
l
o
c
i
t
y
 
(
m
.
s
-
1
)

x(cm)

t=159.60 s
t=162.00 s
t=165.62 s
t=169.23 s
t=170.43 s

-2.0

-1.0

0.0

1.0

2.0

3.0

4.0

0.0 3.0 6.0 9.0 12.0 15.0

v
e
r
t
i
c
a
l
 
v
e
l
o
c
i
t
y
 
(
m
.
s
-
1
)

x(cm)

t=159.60 s
t=162.00 s
t=165.62 s
t=169.23 s
t=170.43 s

(c) vertical gas velocity (d) vertical solid velocity

Figure 9.8: 2-D Riser: Several fields within the last 10 seconds of simulation at 30.0 cm

above the bottom inlet boundary (Table 9.1).
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Figure 9.9: 2-D Riser: (a-d) PSD of voidage fluctuation at the central and wall regions

and (e-f) solid volume fraction versus granular temperature during 160.0 174.3 seconds

at 30.0 cm above the bottom inlet boundary (Table 9.1).
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e e

case v8 0.97 0.90 0.14

case v9 0.97 0.90 0.10

case v10 0.90 0.90 0.14

Table 9.3: Collision-energy dissipative parameters used in this work: particle-particle

(e ), wall-particle (e ) and friction ( ) coefficients.

values for these parameters, as described by Table 9.3.

In dilute flows, however, lower particle-particle restitution coefficients lead to lower

energy dissipation, as expressed by the time-averaged granular temperature shown in Fig-

ures 9.10(d) and (f). Such behavior occurs due to the low particle concentration typically

found in risers (0.01 0.33), which leads to larger granular temperatures. The gran-

ular temperature is zero in a situation where there are no particles, however it increases as

the particle concentration rises, and vanishes as the particle concentration reaches maxi-

mum particle packing, where a small mean distance between the particles results in addi-

tional particle-particle collisions with lower kinetic energy dissipation [9, 8]. Therefore,

in dilute flows, large volume fractions do not lead to large granular temperatures (Figures

9.10(a,c,d,f) and 9.6). In these figures, it is seen that a smaller particle-particle restitution

coefficient results in larger particle concentrations and larger granular temperatures. The

friction coefficient has a similar, but less pronounced effect on the flow behavior as the

restitution coefficient, see Figures 9.5 and 9.10.

9.4 Investigation of Cluster Motion in 3-D Cylindrical

Risers

The cluster motion in a 3-D geometry is investigated in a cylindrical riser that is 7.62

cm in diameter and 100.0 cm high (Figure 9.11(a)). Particles of diameter of 500 m with

a density of 2660 kg.m , and air, at standard temperature and pressure, are fed into the

riser with a solid mass flux of 40.0 kg.m .s and an inlet gas velocity of 4.0 m.s
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(a)v8 (b)v9 (c)v10

(d)v8 (e)v9 (f)v10

Figure 9.10: 2-D Riser: Time-averaged solid volume fraction and granular temperature

(cm/s) for the three cases (Table 9.3), (a,d) case v8, (b,e) case v9 and (c,f) case v10, re-

spectively. Turning the particle collisions more inelastic, , lead

to lower granular temperatures and a more vigorous flow. However, changes in the friction

coefficient lead to relatively lower granular temperatures.
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(a) schematic (b) solid volume fraction

Figure 9.11: 3-D Riser: (a) schematic (entire domain) with 1664 elements and (b) solid

volume fraction at 156.0 seconds of simulation, only 20.0 cm of the domain above the

bottom boundary region is shown.

(Table 9.2). The numerical simulation was performed over 168 seconds and the analysis

conducted over the final 25 seconds of simulation.

The numerical results from the 2-D simulations qualitatively agreed with experiments

in lab-scales risers as reported (Sections 9.3.2 and 9.3.3). In the simulations reported

by Tanaka et al. [224], ‘vertically elongated structures’ similar to a parabola heading

downwards, and having a thin tail upwards were observed. This description, matches

the shape found in the simulations performed here, as shown in Figure 9.3. In the 3-D

simulation, a similar shape in the vertical cross section of the riser at the wall region

was also found (Figure 9.11(b)). In the horizontal cross section, however, several cluster

shapes are reported in the literature, from spherical [230] to ‘string-like’ patterns [231]. In

the simulation performed here, the clusters did not show a single shape in the horizontal

cross section, varying from a ‘quarter arc’ shapes which rotate near the wall region, to
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‘string-like’ shapes, in the core region (see Figure 9.12).

Particles commonly bounce and slip at the wall, forming a dilute disperse string-like

structure in the core region. As they merge into relatively high-concentration clusters near

the wall, they move upwards and downwards as shown in Figure 9.13. This set of pictures

was obtained from a riser simulation in which the riser has a diameter of 0.1562 m and a

height of 1.0 m and with a relatively fine mesh (27600 elements and 29341 nodes).

In order to visualize this particle motion, massless particles were introduced into the

particle phase and tracked in time and space in a Lagrangian manner. The particle paths

are calculated by integrating from a starting point through the time varying Eulerian ve-

locity field. The integration was performed using a first order forward Euler time step-

ping, subsampling time between successive velocity fields. This approach is equivalent to

performing a Lagrangian simulation with massless, non-interacting particles. The tracer

particles were therefore rendered as spheres within the domain, with scalar and velocity

values sampled at those locations from the original Eulerian solution. In the set of frames

in Figures1 9.14 and 9.16, massless particles, representing the solid volume fraction distri-

bution , are continuously fed into the domain from the bottom. These

particles tend to agglomerate near the wall region and move, initially, upwards. Such

preferable motion towards the wall region may be visualized through the radial distri-

bution of particles in Figures 9.15 and 9.17. In this set of frames, the colours represent

the initial radial position of particles. Thus, initially, the massless particles are uniformly

distributed near the bottom region. As the simulation evolves in time, particles move

preferentially towards the wall and agglomerate in the wall region. In addition, particle

clusters seem to spin up and down near the wall region, due to large velocities, and mix

as the simulation evolves in time.

The particle flow in the wall region is also investigated with the PSD of voidage fluctu-

ations shown in Figures 9.18. Dominant lower frequencies in the range of 0.6 and 1.25 Hz

were found in both the wall and core regions and at 25.0 and 50.0 cm above the bottom

inlet boundary. Unlike the results obtained from the 2-D simulations (Figures 9.9(a)-

(d)) in which the dominant frequencies in the core region were approximately twice the

1See also the animation in the attached CD-ROM.
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(a) t = 139.51 s (b) t = 139.56 s (c) t = 139.61 s

(d) t = 139.66 s (e) t = 139.71 s (f) t = 139.76 s

(g) t = 139.81 s (h) t = 139.86 s

Figure 9.12: 3-D Riser: Horizontal cross-sections showing the cluster motion (solid vol-

ume fraction) at a height of 23.0 cm above the bottom inlet boundary.
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Figure 9.13: 3-D Riser: Set of frames drawn every 0.04 seconds starting at 3.38 seconds

of the fine mesh simulation. The riser has a diameter of 0.1562 m and a height of 1.0 m,

however, only the lower region, i.e., up to 0.03 m is shown. A slice is removed from the

domain in order to visualize the cluster motion through the central region.
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Figure 9.14: 3-D Riser: massless particles showing particles motion. This riser has a

diameter of 0.1562 m and a height of 1.0 m. In this figure, however, just the lower half of

the height is shown. The snapshots were drawn every 0.075 seconds starting from 0.025

seconds.
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Figure 9.15: 3-D Riser: massless particles showing the distribution of particles along the

radial axis. The colors represent the initial radial positions. This riser has a diameter of

0.1562 m and a height of 1.0 m. In this figure, however, just the lower half of the height

is shown. The snapshots were drawn every 0.075 seconds starting from 0.025 seconds.
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Figure 9.16: 3-D Riser: massless particles showing particles motion. This riser has a

diameter of 0.1562 m and a height of 0.10 m. In this figure, however, just the lower half

of the height is shown. The snapshots were drawn every 0.175 seconds starting from 3.37

seconds.
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Figure 9.17: 3-D Riser: massless particles showing the distribution of particles along the

radial axis. The colors represent the initial radial positions. This riser has a diameter of

0.1562 m and a height of 0.10 m. In this figure, however, just the lower half of the height

is shown. The snapshots were drawn every 0.175 seconds starting from 3.37 seconds.
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dominant frequency in the wall region, no proportionality between the PSD of voidage

fluctuations was noticed in the 3-D simulation. This is possibly due to the lower numer-

ical resolution obtained from the coarse mesh used in this simulation. However, in both

2-D and 3-D simulations, the amplitude of the PSD of voidage fluctuations at the wall

region were larger than those at the core region. As the voidage in dilute flows does not

show large fluctuations, the PSD sensitivity to cluster flows, with a solid concentration

ranging from , is remarkably low. Therefore, solid vertical velocity was

chosen to investigate the cluster motion within the domain. The PSD of the vertical solid

velocities obtained from three detectors placed at 25.0 and 50.0 cm above the bottom inlet

boundary distributed over the core and wall regions, are shown in Figure 9.19(b-d). The

dominant frequency obtained from the detector, at the core and wall regions, was 1.00

and 0.50 Hz, respectively. Both PSDs also have secondary smaller peaks of 3.0 and 4.0

Hz (Figure 9.19(c)) and 1.75 and 2.5 Hz (Figure 9.19(d)) respectively. This qualitatively

agrees with the PSD of voidage fluctuations obtained from the 2-D simulations, in which

the dominant frequency in the wall region is half the dominant frequency found in the

core region. In addition, the amplitude of the PSD obtained at the wall region was larger

than the one obtained in the core region.

9.5 Investigating Flow Structure Through Chaos Theory

The solution of the partial differential equations that describe the coupled fluid-particle

flows are time and space dependent, and very sensitive to initial conditions. Any small

perturbation applied to the initial conditions leads to different solution; such behavior be-

ing a characteristic of chaotic systems [46, 47]. Deterministic chaos theory has been used

by a number of researchers to establish flow regime and structure in both dense[45, 209,

215] and dilute flows [43, 232, 233]. The application to dense flows has been discussed

in Sections 5.6 and 8.6.

The flow regime and macrostructure of CFBs has been investigated by Johnsson et

al. [113] through pressure fluctuations obtained from transducers. Their work focused

on the flow at the bottom region of a riser, in which, by controlling the solid mass flux
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Figure 9.18: 3-D Riser: PSD of voidage fluctuations at four detectors within the domain.
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Figure 9.19: 3-D Riser: PSD of (a) pressure fluctuations at the center region at 5.0 cm

above the bottom boundary and (b-d) vertical solid velocity fluctuations at 3 detectors.
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Figure 9.20: 2-D Riser: Cross-correlation of the voidage and gas pressure fluctuations at

(a-b) 30.0 cm and (c-d) 80.0 cm above the bottom boundary (Table 9.1). The numbers

in brackets represent, respectively, the negative and positive time-lag associated with the

cross-correlation peaks near the zero time delay.
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Pc1-2D Pw1-2D Pc2-2D Pw2-2D

D 7.87 7.18 6.64 5.88

K (bits/cycle) 5.61 6.80 4.69 5.35

Pw3-3D Pc4-3D Pw4-3D Vw4-3D

D 9.01 7.69 7.25 4.89

K (bits/cycle) 7.94 9.33 8.88 7.18

Table 9.4: Riser: Maximum likelihood estimation of the correlation dimension

and Kolmogorov entropy . and stand for pressure and voidage fluctuation,

respectively, and represent central and wall regions and are 30.0, 80.0, 25.0 and

50.0 cm above the bottom boundary, respectively.

and inlet gas velocity, four regimes could be studied: multiple and single bubbling (with

a constant inlet gas velocity), ‘exploding bubble’ (at low solid flux), and transport condi-

tions (at large solid flux and large inlet gas velocity). They observed, in risers operating

in the ‘exploding bubble regime’, i.e., with large voidages and under circulation condi-

tions, a dominant frequency of approximately 1.3 Hz. Further small peaks were observed,

however, they vanished in the region between 2.0 and 10.0 Hz. In flows operating in the

transport regime, no dominant frequency was readily found, although a pronounced peak

at 4.0 Hz was reported. Although the conditions used in the simulated 2-D and 3-D risers

in this work are different from theirs, the overall behavior of the dominant frequencies

found for the 2-D (Figure 9.9) and 3-D (Figures 9.18 and 9.19(a)) qualitatively agree, as

the simulations performed here were conducted in a regime between the ‘exploding bub-

ble’ and ‘transport’ regimes. The PSD of pressure fluctuations obtained from a detector

placed at the central region and at 5.0 cm above the bottom boundary is shown in Figure

9.19(a). Periodic behavior can be observed, i.e., large peaks at every 0.5 Hz up to 6.5 Hz

can be observed. Possible reasons for this periodic behavior include: a mass of particles

passing through the center region due to either cluster collisions and bouncing off the

wall, or low deflection by fresh particles that have just entered into the domain.

Although there are a number of advantages in using voidage measurements to in-
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vestigate the hydrodynamics of dense and dilute flows, pressure measurements are more

readily available from fluidization experiments. In dense flows, Sections 5.6 and 8.6, void

fractions were used in the flow analysis through chaos theory. However in this chapter,

pressure is used because it was found to be a more sensitive indicator of rapid regime

changes and flow structures in dilute flows.

The cross-correlation function, CCF (see Section 5.6.2), is defined as a measure of the

similarity between two different data sets: the input and output time series. It indicates

the transfer function direction between the time series and the delay between input and

output. The CCF of voidage and pressure fluctuations (Figure 9.20) indicates that between

0.27 and 0.65 seconds after a perturbation in pressure, a voidage perturbation occurs.

However, as indicated by the negative CCFs peaks, feedback reactions from the output

[141], i.e., voidage, are expected. The CCF of voidage and vertical solid velocities (Figure

9.21) shows that perturbations in voidage lead to velocity perturbations with a delay of

approximately 0.10 seconds after a voidage perturbation, with no feedback reaction. This

means that pressure fluctuations lead to voidage perturbations with possible feedback

reactions. These voidages perturbations lead to oscillations in solid velocities.

The maximum likelihood estimation of the correlation dimension, , may be used

as a measure of the complexity of the flow (see section 8.6), i.e., the lower the dimension,

the less complex the macro-flow is. Johnsson et al. [113] reported that for turbulent flows

or under turbulent-like conditions, the must be greater than 6.0. This agrees with

the calculated for 2-D and 3-D risers, as indicated in Table 9.4.

The maximum likelihood estimation of the Kolmogorov entropy, , is a mea-

sure of the rate of information loss along the attractor, i.e., a measure of the degree of

predictability of points along the attractor, given an arbitrary point [150]. Thus, the Kol-

mogorov entropy might be used to characterize the time-dependent behavior of fluidized

beds [44]. Since it is associated with the complexity of the flow, the less complex the

macroflow, the lower the . Johnsson et al. [113] reported that flows operating with

large superficial gas velocities exhibit large . Their experiments showed that for tur-

bulent flows or under turbulent-like conditions, the maximum likelihood estimation of the

Kolmogorov entropy is above 5.0 bits/cycle. The results reported in Table 9.4 agreed with
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Figure 9.21: 2-D Riser: Cross-correlation of the voidage and vertical solid velocity fluc-

tuations at (a-b) 30.0 cm and (c-d) 80.0 cm above the bottom boundary (Table 9.1). The

numbers in brackets represent, respectively, the negative and positive time-lag associated

with the cross-correlation peaks near the zero time delay.
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their experimental results for both the 2-D and 3-D simulations, although an extremely

large was found in the 3-D simulations. This is possibly due

to the coarse grid used in the simulations.

9.6 Conclusions

In this chapter, the flow dynamics of 2-D and 3-D risers in operational conditions

is modelled by means of the Eulerian-Eulerian CFD code FLUIDITY. The conservative

equations, i.e., continuity, momentum (for gas and solid phases) and fluctuation energy

(for the granular phase), are solved. Space and time-dependent variables calculated are:

solid volume fraction, granular temperature, velocities and pressure. The granular kinetic

approach used here provides a means of modelling the dissipation of energy due to non-

ideal particle-particle collisions.

Risers are characterized by annular flows in which relatively large particle concentra-

tions move, preferentially, near the wall region while in the core, a

dilute particle-flow emulsion is observed. The velocity of particles in the core region are

notably larger than those near to the wall. Near the wall, the particles may move upwards

or downwards. Such motion may result in clusters of particles crashing into one another

and moving towards the opposite wall. In this sense, energy dissipative parameters such

as particle-particle and particle-wall restitution coefficients, play an important role, as

they affect the collisions. The results obtained from 2-D and 3-D numerical simulations

reported in this chapter qualitatively agree with experiments reported in the literature.

Massless particle tracers were continuously introduced into the bottom of the domain

to investigate the mixing of particles during the numerical simulation. They have no effect

on the dynamics and are used here only as a visualization tool. The particle paths are

calculated by integrating from a starting point through the time-varying Eulerian velocity

field. The splashing of particles into the walls were observed, as well as the spinning of the

clusters during their upwards and downwards motion. In addition, the simulated cluster

assumed random shapes when observed from horizontal and vertical cross-sections. In

the vertical cross-section, a string-like ‘V’ shapes are observed whereas in the horizontal
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cross-section, quarter-arc annular shapes were observed in the wall region and string-like

shapes in the core region. These shapes agreed with those experimentally reported in the

literature.

Finally, cross-correlation functions are used to establish the relationship between pres-

sure and voidage fluctuations, as the former are more sensitive to changes in the flow

macrostructure. Power spectra density, maximum likelihood estimations of correlation

dimension and Kolmogorov entropy were used to characterize the flow regime and quali-

tatively compare the results with experiments from the literature.

Future work on risers will:

(1) implement and simulate the heat transfer in 3-D risers and validate the results with

experiments and/or empirical correlations;

(2) improve the visualization technique applied to particle tracers in order to facilitate

the observation of the particle mixing, and to establish the average residence time

of particles as a function of the solid throughflow rates;

(3) conduct numerical simulation of lab-scale risers and investigate the mixing;

(4) extend the modelling to include chemical reactions and multisize particles.
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Chapter 10

Conclusions and Future Work

10.1 Conclusions

The main aim of this work is to model and investigate the heat and mass transfer in

fluidized beds using the two-fluid granular temperature model. In order to achieve this

aim, the set of conservative equations are solved using a high-resolution method which is

globally second order accurate in space and time and the thermal effective conductivity is

described as a function of the granular temperature. This ensures the consistency of the

overall model which is based on the kinetic theory for dry granular flows.

This work consists of 9 chapters which describe the modelling of the heat and mass

transfers in fluidized beds. In Chapter 2, the set of conservative equations that describe

the multiphase flow are outlined. In addition, the closure laws that describe the density,

rheology and thermal properties of the fluid and particle phases are summarized. The

set of conservative and constitutive equations has been described in a number of fluid

dynamics textbooks [39, 71, 70, 38], and may be summarized as follow:

(i) In gas-solid fluidization, the fluid phase is assumed compressible and behaving as

an ideal gas. This assumption is valid for pressure and temperature conditions be-

low the critical point;

(ii) The momentum transfer between the fluid and the solid phases is described by a hy-

brid expression in which for porosities lower 0.775 and larger than 0.825, the Ergun

253
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equation [38] and the equation suggested by Wen Yu [76] are used, respectively.

In order to avoid discontinuities and sharp changes in the momentum transfer be-

tween the phases, a function was introduced in the region 0.775 0.875, to

smooth the curve;

(iii) In the model presented in this work, gas-phase turbulence has been neglected due to

the uncertainty in turbulence model closures. Although the turbulence is important

in the modelling of gas-particle flows, the model presented here performed well in

the transient and in densely packed beds. However, this model may be largely im-

proved using Sub-Grid Scale Model (SGS) [234] techniques that take into account

small scale features such as gas and solid phases turbulences;

(iv) The interphase heat transfer coefficient was calculated through the Gunn correlation

[56]. Although this expression is theoretically correct as it satisfies the asymptotic

condition that the Nusselt number vanishes as the porosity tends to unity, an expres-

sion that takes into account particles collisions, such as the one suggested by Soo

[39], may be introduced. Hence, such an expression, based on granular temperature

would be entirely consistent with the overall model;

(v) Three expressions for the thermal conductivity coefficient were tested in

Chapter 3. One of them, used in [63, 34], calculates the based on the phys-

ical properties of the emulsion of particles, whereas the other two expressions are

based on the granular temperature. The main difference between the expressions

based on granular temperature, Equations 2.27 and 2.29, relies on the formulation

of Equation 2.29 in which the low-density and highly sheared flows may act in

opposition. Hence, the influence of energy dissipation due to inelastic particle-

particle and particle-walls collisions on the heat transfer may be taken into account.

Although Equation 2.29 is more desirable than Equation 2.27, as it takes into ac-

count collisional effects, the numerical simulations show that it overestimates the

energy dissipation as shown in Figures 3.4-3.7.

In Chapter 3, the heat transfer models in mono-disperse gas-solid fluidization are in-

vestigated and numerical results obtained from an empirical correlation and from an ex-



Chapter 10. Conclusions and Future Work 255

pression based on the kinetic theory of granular flows are compared with experiments.

The simulations were conducted in 2-D geometries and focused on the heat transferred

from a heated cylinder to the bed. The following conclusions may be drawn:

(i) The numerical results obtained from the standard (Equation 2.25) and the kinetic

approaches (Equation 2.27) are very similar, however the kinetic approach is pre-

ferred as it is consistent with the overall two-fluid granular temperature model;

(ii) The heat transfer coefficients calculated from the numerical results match with ex-

perimental results obtained from the literature [235, 99] and with results obtained

from experimental correlations (Equation 3.1);

(iii) The thermal energy model presented in this work was validated by comparing the

time-dependent temperature obtained from a numerical simulation, performed over

a long time period, with the analytical solution obtained from a simplified thermal

energy equation. They showed good agreement and enhanced the confidence in the

model;

(iv) Lower particle-particle restitution coefficients, i.e. more inelastic collisions, led

to more vigorous fluidization as shown in Figures 3.15 and 3.16(b). Larger time-

averaged bed heights, as observed in Section 3.4.1, are also a proof of the bed

expansion due to a vigorous fluidization;

(v) Large solid concentrations may lead to low granular temperatures due to low parti-

cle agitation and relatively small particle mean free paths. However, low solid vol-

ume fractions do not lead to large granular temperatures as the prob-

ability of particle collisions is relatively low. Relatively low solid concentrations

, however, result in large granular temperatures as reported in

[10]. Thus, thermal energy is mainly transferred through the emulsion phase, as

shown in Figures 3.12 and 3.13.

In Chapter 4, the wall-to-bed heat transfer is investigated using a solid phase effective

thermal conductivity correlation based on granular temperature. The heat exchange in



Chapter 10. Conclusions and Future Work 256

the bubbles’ wake is investigated by tracking the train of bubbles which rises along the

heated wall of 2-D and 3-D fluidized beds. Large heat transfer coefficients were obtained

in the rear region of bubbles due to relatively larger granular temperature there and intense

particle circulation. The following conclusions may be drawn from this:

(i) In gas-solid fluidized beds, the thermal energy is preferentially conducted in the

bubbles’ wake. In this case, fresh particles were dragged into the wake of uprising

bubbles, replacing hot particles and increasing the temperature gradient. Such re-

placement, which improved the solid circulation in the bubbles’ wake, enhances the

wall-to-bed heat transfer rates;

(ii) In highly packed regions, the heat transfer coefficient is small due to low granular

temperatures, however, in dilute regions, i.e., in regions where the solid volume

fraction is very low, the granular temperature is also low due to the low number

of collisions. However, in the bubbles’ wake, a relatively large solid concentration

combined with large granular temperatures result in larger wall-to-bed heat transfer

coefficients. The larger granular temperature and solid effective conductivity are

also demonstrated by Hsiau [64, 67];

(iii) For 2-D simulations, time-averaged heat transfer coefficients of the order of 427

W.m .K were found, whereas for 3-D simulations, the heat transfer coefficient

was approximately 449 W.m .K . These results are in good agreement and al-

though no reliable experimental data is available, local 2-D heat transfer coefficients

reported by Kuipers et al. qualitatively agree with the snapshots shown in Figures

4.7, 4.9 and 4.21;

(iv) The results obtained in Chapters 3 and 4 enhance the confidence in the model pro-

posed here. This motivates the performance of numerical simulations in more de-

manding high temperature and pressure conditions as those described in Chapters

5 and 7.

The dynamics of a conceptual nuclear fluidized bed is investigated in Chapter 5 in

2-D and 3-D geometries. In this chapter, a coupled high resolution multiphase gas-solid
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Eulerian-Eulerian and neutron radiation model, simulated the deposition of heat energy

into the nuclear fuel particles which were then cooled by the fluidizing helium gas. The

excellent mixing properties of fluidized beds are shown in this system which results in the

uniformity of the temperature distribution. The following conclusions may be drawn:

(i) The reactor can take over five minutes after startup to establish a quasi-steady state.

It has been established that the low frequency oscillations observed in the power

rate were caused by a heat loss (by the fluidizing helium) and heat generation (from

nuclear fission);

(ii) It has shown that bubble generation and power are linked. The cross-correlation

function (CCF) indicates that approximately 0.19 seconds after an increase in solid

volume fraction, there is an increase in power in the bottom region near the wall

region. As large bubbles rise, they travel upwards through the reactor, generating

particle concentration waves. Such waves are responsible for negative time-delays;

(iii) The PSD of fission rate and voidage fluctuations indicate that power and bubbles

are usually generated in the bottom corner region of the domain;

(iv) The flow regime in this system is characterized by changes between vigorous bub-

bling and slugging due to the strong mixing as large bubbles and power are gener-

ated in the bottom region of the bed;

(v) In order to help predict both the fission-power and temperature fluctuations, a sim-

plified kriging interpolation was used to generate a surrogate fission-power time

series. The dominant frequencies obtained from the PSD of the predicted surrogate

and the original time series matches well. The gas temperature for both time series

also agrees, this indicates that the simplified kriging interpolation is efficient and

may accurately catch the underlying dynamics. In chaotic systems, as small pertur-

bations in the input signal may lead to large effects in the output signal. Thus, this

technique may be used to predict and, if necessary, to control the process parame-

ters, such as temperature and pressure.
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The vapor-liquid equilibria of water-steam is modelled in Chapter 6. In this chapter,

the fluid phase is assumed compressible and the density is calculated from the hybrid

experimental equation of state suggested by Haar et al. [173] and the cubic EOS due

to Halbach Chatterjee [174]. A numerical simulation involving water vaporization-

condensation during the cooling of hot particles is conducted in Chapter 6. The following

conclusions may be drawn:

(i) Water density decreases smoothly as the temperature and pressure rise;

(ii) Heat is mainly transferred by the hot particles that are displaced due to abrupt water

vaporization (and further expansion), however boiling and condensing films resis-

tance, which may have a large influence on the heat flux, was neglected in the

present model and may be considered as a future work.

As a further application of the two-fluid model coupled with the phase change model,

Chapter 7 describes the investigation of the dynamics of a coupled multiphase phase flow

and neutron radiation problem in which spherical particles of a homogeneous mixture of

Pu fissile isotope in SiO and water. The simulations were performed with two initial

over-pressures: 1.0 and 60.0 bars. The following conclusions may be outlined:

(i) As the system becomes super-critical, the release of energy raises the particle tem-

perature, which rapidly vaporizes water, and so increases sharply the maximum gas

pressure;

(ii) The hybrid equation of state, presented in Chapter 6, is robust and was successfully

used in this ‘tough’ application, i.e., multiphase flow with rapid heating and phase

changes.

The bubbles’ shape and motion in gas-solid fluidized beds were investigated in Chap-

ter 8. In addition, deterministic chaos theory was used to obtain the real dimensionality

and to investigate flow regime. The following conclusions may be drawn:

(i) Due to the sharp solid concentration gradients in bubbling fluidized beds, a refined

grid is necessary to achieve a reasonable convergence (i.e. the spatial solution be-
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comes grid independent). Convergence of the mesh system may be determined

through PSD of both voidage or pressure fluctuations;

(ii) The correlation dimension indicated that the system is chaotic with a low-order

dimension of 1.8. Thus, at most 5 equations are necessary to describe the system,

e.g, four equations for two components of velocity, in 2-D, for two phases, and one

equation for the void fraction as already stated by Huillin et al. [43];

(iii) Bubbles are usually formed in the corners of the beds. This is due to the forces

acting on the particles that are changing directions near the corners and creating

regions of high vorticity. In a time-average sense, particles circulate by descending

near the wall and ascending in the other regions of the column. Particles descend

near the walls and rapidly change direction near the bottom of the bed, due to decel-

eration by the upstream gas flow. This ‘flow collision’ results in a circular/elliptical

movement of both the gas and the particles;

(iv) In relatively wide fluidized beds in which wall effects on the bubbles’ shape can

be neglected, bubbles take the form of a hemisphere (see [11]). As a lower bubble

accelerates vertically and enters the wake of the upper bubble, coalescence occurs

[11].

The formation and breakup of clusters of particles in risers is investigated in Chapter 9.

Power spectra density and the chaos theory are used to study flow regime and macrostruc-

ture in ‘long’1 numerical simulations both in 2-D and 3-D geometries. The conclusions

are summarized a follows:

(i) Risers are characterized by annular flows in which relatively large particle concen-

trations move, preferentially, near the wall region while in the

core, the flow is mainly dilute . The velocity of particles in the core

region is larger than near to the wall. Near the wall, particles may move upwards or

downwards and collide, being pushed towards the opposite wall. These flow behav-

1Long enough for a quasi-steady state regime to be reached.
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ior characteristics are observed in the 2-D and 3-D numerical simulations performed

here;

(ii) In dilute flows, lower particle-particle restitution coefficients lead to smaller energy

dissipation, expressed by the time-averaged granular temperature (Figures 9.6 and

9.10);

(iii) The granular temperature is zero in a situation where there are no particles, however

it increases as the particle concentration rises, and vanishes as the particle concen-

tration reaches maximum particle packing. In this case, the mean free distance

between the particles are smaller and thus the energy dissipation is lower;

(iv) The particles form string-like ’V’ shape clusters, in the vertical cross-section. In the

horizontal cross-section, however, rotating ’quarter arc’ shapes in the wall region

and a dilute string-like shapes in the core region were observed (Figures 9.12 and

9.13). These clusters shapes match with the shapes found in experiments available

in the literature [224, 230, 231];

(v) Massless particle tracers were used as a visualization tool. These help observe

the agglomeration of particles near the wall region and their subsequently motion

upwards. In addition, particle clusters seem to spin up and down near the wall

region, due to large velocities, and mix as the simulation evolves in time;

(vi) Cross-correlation functions are used to establish the relationship between pressure,

void fraction and vertical solid velocities fluctuations as the former are more sensi-

tive to changings in the flow macrostructure. Hence, it was observed that pressure

fluctuations lead to voidage perturbations with possible feedback reactions, and

voidages perturbations lead to oscillations in solid velocities. As these variables are

strongly linked, dynamical analysis may be applied to any of them with no loss of

information;

(vii) The maximum likelihood estimations of the correlation dimension and the Kol-

mogorov entropy obtained from pressure fluctuations of 2-D and 3-D simulations

revealed that the riser flows are mainly turbulent or under turbulent like conditions.
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10.2 Future Work

The author recommends that future work on fluidized beds should include:

1. Extend the model in order to take into account heat transfer due to radiation and

chemical reactions;

2. Implement and simulate heat transfer of 3-D risers and validate with experiments

and/or empirical correlations;

3. Improve the visualization technique applied to particle tracers to facilitate the par-

ticle mixing and establish the average residence time of particles as function of the

solid throughflow rates;

4. Extend the model in order to take into account multisize particles flows;

5. Implement an equation of state for the solid phase, so that particles may melt, va-

porize and deposit according to temperature and pressure;

6. Extend the model in order to take into account gas and solid turbulences in both

large and small scales. Therefore, a submodel, such as the Sub-Grid Scale Model

(SGS), in which small scales are taken into account may be incorporated in or-

der to model turbulence that are important in dilute granular flows involving small

particles at high velocities.



Appendix A

Derivation of the Simplified Analytical

Model of the Thermal Energy Equation

A simplified model for the temperature field was obtained from the thermal energy

equations (Eqn. 2.5-2.6). The analytical solution for this model was compared to the

temperature field obtained from a numerical simulation as described in Section 3.3.

The thermal energy equation can be simplified to the following model:

(A.1)

with

and

where V and are the volume of phase and the cross-section area, respectively. As-

suming that there is no source of energy, , and defining as

Hence, Eqn.A.1 can be rewritten as:

(A.2)

By defining: , Eqn.A.2 can be written as:

(A.3)
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The analytical solution for this PDE is:

substituting into the above expression:

(A.4)



Appendix B

Contents of the CD-ROM

1. Eletronic version of this work;

2. Eletronic version of the articles submitted for publication and already published;

3. Animations of the following chapters:

(a) Chapter 3: Heat transfer investigation in 2-D gas-solid fluidized beds;

(b) Chapter 4: Heat transfer mechanisms in the wake of bubbles;

(c) Chapter 5: Modelling coupled multiphase-flow and neutron-radiation;

(d) Chapter 9: Mixing dynamics of particle clusters in risers.
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